Chapter 9 Differential Equations

EXERCISE 9.1

Question 1:
4

2 +sin(y")=0
Determine order and degree (if defined) of differential equation dx* o .

d'y .
J L :0
i +sin(y")

e
= " +sin(y")=0

Highest order derivative in the differential equation is »"" . Its order is four.
Differential equation is not a polynomial equation in its derivatives. Its degree is not defined.

Question 2:

Determine order and degree (if defined) of differential equation »'+5y =0,

Yy +5y=0
Highest order derivative in the differential equation is »". Its order in one.

It is a polynomial equation in »'. Highest power ¥’ is 1. Its degree is one.

Question 3:
Ay 2
. . SR R
Determine order and degree (if defined) of differential equation \ df dt .
u 4 i \

[-“’;‘] +35L8-0

dt dt
Highest order derivative in the given differential equation is dt* . Its order is two.

d’s ds

It is a polynomial equation in d¢* and dr .

d’s
The power di* s 1. Degree is one.
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Question 4:

d’y JH _ [ dy ]
— | +cos
Determine order and degree (if defined) of differential equation ( dx dx.

=0

d-f +cos[g] 0
dx dx
d’y

Highest order derivative in the given differential equation is dx* . Order is 2.
Given differential equation is not a polynomial equation in its derivatives. Degree is not
defined.

Question 5:
4 y} =cos3x+sin3x

Determine order and degree (if defined) of differential equation [ dx’

3

d*y ;
[ J =cos3x+sin3x

dx”
:>(d f} —Ccos3x—sin3x=0
X
d’y
Highest order derivative in the given differential equation is dx’ . Its order is two.

d’y
It is a polynomial equation in dx* and the power is 1. Its degree is 1.

Question 6:

L 2 L 3 r 4
Determine order and degree (if defined) of differential equation (") +(") +(¥) +¥* =0,

(") +(") +() +y7 =0

Highest order derivative present in the differential equation is »". Its order is three.
Given differential equation is a polynomial equation in »",»" and »'.

Highest power raised to »" is 2. Its degree is 2.
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Question 7:

Determine order and degree (if defined) of differential equation »" +2y"+)'=0,

Y'+2y"+y' =0
Highest order derivative present in the differential equation is »" . Its order is 3.
It is a polynomial equation in »",»" and »'. The highest power »" is 1. Its degree is 1.

Question 8:
Determine order and degree (if defined) of differential equationy'+y =¢.

yty=e
=y +y—e=0
Highest order derivative present in the differential equation is »'. Its order is one.

Given differential equation is a polynomial equation in »" and the highest power is one. Its
degree is one.

Question 9:

L4 r 2
Determine order and degree (if defined) of differential equation V (») +2y=0

y"+(y')2 +2y=0
Highest order derivative present in the differential equation is " . Its order is two.

Given differential equation is a polynomial equation in ¥" and ', the highest power " is one.
Its degree is one.

Question 10:
Determine order and degree (if defined) of differential equation »"+2)"+siny =0,

Y'+2y'+siny=0
Highest order derivative present in the differential equation is ¥" . Its order is two.

This is a polynomial equation in ¥" and ' the highest power " is one. Its degree is one.
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Question 11:

(L2 (2] vin(2) 1=
The degree of the differential equation \ @* dx dx is

(A)3 (B)2 O 1 (D) not defined

Q + ay +sin -@JH:O
dx” dx dx

Differential equation is not a polynomial equation in its derivatives. Its degree is not defined.
Thus, the Correct option is D.

Question 12:

,d’y L dy
) ) ) x'—==-3—+y=0
The order of the differential equation dx”  dx .

(A)2 B)1 ©)o0 (D) not defined

2., ‘
21287 3 420
I dx

2
X

d’y
Highest order derivative present in the given differential equation is dx’ . Its order is two.
Thus, the correct option is A.
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EXERCISE 9.2

Question 1:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y=e+l : y'-3'=0

y=e +1

dy _d

a—dx(e +l)
= (1)
d n_d(.
E(J’F—(e )

= y'=¢" wif2)

From (1) and (2)
y#-yfzef _el'

=0

Thus, the given function is the solution of corresponding differential equation.

Question 2:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y=x*+2x+c : ¥y -2x-2=0

y=x"4+2x+c

d
f=—oI(x"+2x+c
* dx( )
= y'=2x+2

Therefore,
Yy =2x-2=2x+2-2x-2
=0

Thus, the given function is the solution of the differential equation.
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Question 3:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y=cosx+C ;. Y +sinx=0

y=cosx+C
o
'=—(cosx+C
s g )
= y'=—sinx
Therefore,

' +sinx=-sinx+sinx
=0

Thus, the given function is the solution of the differential equation.

Question 4:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y=+1+x :  yf= xyz
1+ x

xy
1+x2

Thus, the given function is the solution of the differential equation.
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Question 5:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y=dAx ,xy'zy(x;t())
yv=Ax
d
i:—"—/'i
Y
=A
Therefore,
xy' = x4
= Ax
=¥

Thus, the given function is the solution of the differential equation.

Question 6:

Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y=xsinx ! xy'=y+x«.r’x2—y2(x#(landx>y)orx<—y
y=xsinx

, d ‘

=—(xsinx

¥ dx( )

=sin x.%(x)+x.%(sin x)
=8In x+ X Ccosx

Therefore,

W= x(sinx+xcosx)

-

p 2
=XxSimmx+Xx COsx

= y+x*A/1—sin® x

=y+:!c2 l—(i)
X

= y+x\fxz —y2
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Thus, the given function is the solution of the differential equation.

Question 7:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

2

xy=logy+C : y=-2 (xy#1)
1—xy
xy=logy+C
d d
= —(xy)=—0/lo
- (w)=—"(logy)
d dy 1ady
=>y—(x)+x.—=——
o LAt y
:>y+xy'=l._v’
4

=y +xy =)
= (w=1)y'=-)’

Thus, the given function is the solution of the differential equation.

Question 8:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y—cosy=x : (ysiny+cosy+x)y' =y

y—cosy=x

ﬁ%—%(cesy)=%(x}

:>y'—(—siny).y'=l
= y'(1+siny)=1
|
l+siny

:>yr:

Therefore,
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(ysiny+cosy+x)y'=(ysiny+cosy+y—cosy)x—
I+siny

= y(1+sin y).
¥(lsing) 1+siny

=Yy

Thus, the given function is the solution of the differential equation.

Question 9:
Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

x+y=tan'y Yy +yP+1=0

x+y:tan_ly

= ;i X+ y)— a(tan“ly)

1
ij,:LWZ}y!

[ 1
g -1]=1
y_1+y2 }
[1—(1+ 17
I I g)]_
1+ y°
i 2
A
= =1
y_l-i-yz]
~(1+5)
=S 5
y
Therefore,
vv+y £ 5= { Lo y)} y2+1
."}
=—1-)*+y* +1
=0

Thus, the given function is the solution of the differential equation.

Question 10:

Get More Learning Materials Here : & m @& www.studentbro.in


https://www.cuemath.com/?utm_source=website&utm_medium=pdf&utm_campaign=ncert-solutions
https://www.cuemath.com/?utm_source=website&utm_medium=pdf&utm_campaign=ncert-solutions

Verify that the given function (explicit or implicit) is a solution of the corresponding
differential equation:

y= az—xzxe(—a,a) ! x+y%=0(y¢0)

& _d )

dv  dx
A . (0
za’x 2,/al_x2-dx(a x)
dy 1
— = (-2
:>dx 2\102—:{2( )
Y___x

dx a2 _xl

Therefore,

d 3 ~3
x+y—y=JC+ az—xzxﬁ
dx Na —x

=X—X
=0

Thus, the given function is the solution of the differential equation.
Question 11:

The numbers of arbitrary constants in the general solution of a differential equation of fourth
order are:

(A)0 (B) 2 ©)3 (D) 4

We know that the number of constants in the general solution of a differential equation of order
n is equal to its order.

The number of constants in general equation of fourth order differential equation is 4.

Thus, the correct option is D.

Question 12:
The numbers of arbitrary constants in the particular solution of a differential equation of third
order are:
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(A)3 (B)2 ©1 (D)0

In a particular solution of a differential equation, there are no arbitrary constants.

Thus, the correct option is D.
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EXERCISE 9.3

Question 1:
Form a differential equation representing the given family of curves by eliminating arbitrary
constants ¢ and b.

.)_c.+.Z=l

a b

£+__V=]

a b
l+ld_y_0
a bdx
l+1 v _
a b}

:>|0+l =4

bJ’
I,
=—y"=0

:yuz

Thus, the differential equation of the given curve is »" =0.

Question 2:
Form a differential equation representing the given family of curves by eliminating arbitrary
constants ¢ and b.

¥ za(b2 —xz)

yz =a(bz _xz)

= 2y£:£ = a(~2x)

=2y =-2ax

= y'=-ax

=yy'+y'=-a
r2+ " _

_ W) W _ o

»w -ax
= x}g»"+x(y’]2 —y' =0

-
1 .1 1 o0 PR | R ~ .1 . . ﬁn}".l—f{1},\d_1n!r—n
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Question 3:
Form a differential equation representing the given family of curves by eliminating arbitrary
constants ¢ and b.

y=ae’ +be™*

y=ae* +be™
y'=3ae’”™ —2be™ (1)
" =9ae™ +4be ™ ..(2)

Subtracting (1) from (2)

V' -y =9ae™ +4be™>* —3ae™ +2be™*

V' =y =6ae’ +6be™*

y'-y =6 (aeBx +be )

Y=y =6y ( y=ae” + be'z’r)
Y-y -6y=0

Thus, the differential equation of the given curve is ¥'— ' =6y =0,

Question 4:
Form a differential equation representing the given family of curves by eliminating arbitrary
constants ¢ and b.

y=e¢"(a+bx)

y:ezr(a+bx)

¥y =2e"*(a+bx)+e*b

=y =" (2a+2bx+b)

V' —2y=e"(2a+2bx+b)-e’" (2a+2bx)

= ' -2y = be™ skl
= 3" =2y =2be** ..(2)

Dividing (2) by (1)
yl’f L 2}}! _ 2
y' -2y

= yll_zyr i 2yr_4};
=y"=4y'+4y=0
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Thus, the differential equation of the given curve is ¥'—4)'+4y =0,

Question 5:
Form a differential equation representing the given family of curves by eliminating arbitrary

constants ¢ and b.

y=e"(acosx+bsinx)

v =¢*(acosx+bsinx)

V' =e"(acosx+bsinx)+e" (—asinx+bcos x)

=y =e [(a +b)cosx = (a —b}sin .r]

=3y = [(a +b)cosx—(a—b)sin x] +e* [—(a +b)sinx—(a —b)cosxj
V' =e"[2bcos x—2asin x|

¥" =2e*(bcos x—asin x)

= %=e"(bc03x—asinx)

"

y—+y =e¢"(bcosx—asinx)+e” (acosx +bsin x)

y+§ =e’[(a +b)cos x—(a —b)sinx]
Y
=

=2y+y"' =2y

> y+—=y

=1"-2v"+2y=0

Thus, the differential equation of the given curve is »"'—2)'+2y =0,

Question 6:
Form the differential equation of the family of circles touching the y-axis at origin.

Centre of circle touching the y-axis at origin lies on the x-axis.

Let (“10) be the centre of the circle.

Since it touches the y-axis at origin, its radius is a.

Equation of the circle with centre (4.0) and radius a is
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(,\:—a)2 +y*=a?

= x*+y° =2ax <L)

&
Y.

Differentiating equation (1) with respect to x, we get:
2x+2y' =2a

=x+yy=a

Putting the value of @ in equation (1)
=x’+y° =2(x+yy‘)x

= 2xyy'+ xt= y2

Question 7:
Form the differential equation of the family of parabolas having vertex at origin and axis along

positive y-axis.

The equation of the parabola having the vertex at origin and the axis along the positive y-axis
18

x* =4ay (1)
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e
Y.

i

Differentiating equation (1) with respect to x, we get:
2x =4day’
2x _4ay’

P day

Question 8:

Form the differential equation of the family of ellipses having foci on-axis and centre at origin.

The equation of the family of ellipses having foci on the y-axis and the centre at origin is as
follows:
x2 y2
+==1 T
bﬂ 2 ( )

a

Y'Y
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Differentiating equation (1) with respect to x, we get:

2x 2

b* a’
x

= —+=—=0 .
bZ ﬂ'2 ( )

Differentiating equation (2) with respect to x, we get:
1 Y4y
1 IR
b* a
1

2
o

0

= —+

(¥ +")=0

= hlz = —al—z(y” +3")

Substituting this value in equation (2) , we get:
=% x{—iﬂ(}f: + _}'}’"):|+&= 0
a’ a’

= —xp” —xpp"+yy' =0
=" +x7 -y =0

Question 9:

Form the differential equation of the family of hyperbolas having foci on x-axis and centre at
origin.

The equation of the family of hyperbolas with the centre at origin and foci along the x-axis is

Yk
X X
- D =
¥y

Get More Learning Materials Here : & m @& www.studentbro.in


https://www.cuemath.com/?utm_source=website&utm_medium=pdf&utm_campaign=ncert-solutions
https://www.cuemath.com/?utm_source=website&utm_medium=pdf&utm_campaign=ncert-solutions

Differentiating equation (1) with respect to x, we get:

2 2"

b2 + a3 0

Differentiating equation (2) with respect to x, we get:

1,29y
b* a

_ Yy +yy

=
b2 a’

Substituting this value in equation (2) , wWe get:

.‘-"- f+ : " 1]
J{_} y'+yy }+@=0

7

a

a

=0

Xt 5 4 n W'
vyl
e l
=7 +xy" - =0
=" +x7 - =0

Question 10:
Form the differential equation of the family of circles having centre on y-axis and radius 3
units.

Let centre of the circle on y-axis be (0.5).
2 +(y-b) =3

= x*+(y-b)’ =9 (1)
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0 Ao
ls

e
1'__{

Y'Y

Differentiating equation (1) with respect to x, we get:
2x+2(y-b)y'=0
=(y-b).y'=—x

:(y—b)JTi‘

Substituting this value in equation (1) , we get:

Question 11:

Which of the following differential equations has ¥ =¢¢" +¢,¢ " as the general solution?
2

+1=0 gy

d’y d’y d’y
-0 -0 _
A) a7 B) ac (C) v (D) dv’

1=0
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= % =ce —ce”
X
d’y .

:Ezcle +c,e
dzy

=Y

= ix{— =0

Thus, the correct option is B.

Question 12:
Which of the following differential equations has Y =X as one of its particular solution?

d*y ,dy d’y dy
— Xt xy = —— XXy =
(A) a0 B) & ax O
d’y L dy d’y dy
—_— X =+ =0 —+x—+xy=0
©) ac ax D) & dx 2
A
dx
dzy
=l
Therefore,
%—f%-&@vzo—x!.me
=—-x+x°
=0

Thus, the correct option is C.
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EXERCISE 9.4

For each of the differential equations in Exercises 1 to 10, find the general solution:
Question 1:
dy l-cosx
dx - 1+cosx

dy _1-cosx
dx l+cosx
7 X
2sin” —
32: 2 _tan? X
dx 2cos? > 2
2
::rQ=[secz —l)
dx

Integrating both sides, we get:

[ay =j(sec3 %— l]dx

X

:}==Ise032

dx — [ dx

::>y=2tan§—x+C

Question 2:

%ﬁ-=\a‘4—y2 (2<y<2)

Integrating both sides, we get:
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= y=2sin(x+C)

Question 3:
dy
—+y=1({y=l1
R (y=1)
Solution:

dy
—+y=1(y=1
—+y=1(y=1)
= dy+ ydx = dx
=dy=(1-y)dx
ﬂi=dx
L3

Integrating both sides, we get:
dv
ﬁz]dx
= —log(y-1)=x+logC
= —logC-log(y-1)=x
= —DogC+10g(y—l):| =%
= logC(y-1)=—x

=C(y-1)=e™

:>y—]+ie""
C

= y=1+A4e™" '.Js.fherf:A=i
¢

Question 4:
sec’ x tan ydx + sec” y tan xdy = 0

Solution:

sec’ x tan ydx + sec” ytan xdy = 0
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Dividing both sides by tanxtany
= sec’ xtan ydx +sec’ y tan xdy 3 0

tan xtan y tan xtan y

sec’ x sec’
dv+—2dy=0
tan x tan y

2 2
S€C X SeC
do=—2
tan x tan y

Integrating both sides, we get:

sec’ x sec’ y
=— y zaal
J. tan x a -[ tan y b ( )
Let tanx =1¢
= i(1:.':111 x)= ﬁ
dx dx

> dt
—seCT X =—
X

= sec” xdx = dt

Now,
J-sec xd - ldt
tan x t
=logt
= log(tan x) .(2)
Similarly,
sec’ y
dy = log( tan o I
] oy 2~ 10E(f805) (3)

Using (1), (2) and 3)
= log(tanx) = —log(tan y)+log C

= log(tanx) = log(t b }
an y

-

— tanx =

tan y
—tanxtany=C

Question 5:
(e" +e" )dy —(e" - e"’)dx =0
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(ex +e'x)dy—(e" —e_")dx= 0
=5 (e“ +e"")dy: (e* —e"’)a’x

:>dy=[€;,_e_de
e +e

Integrating both sides, we get:

jd;:jt:}dx (1)

Putting these values in equation (1) , we get:
j dy = _[ L dt+C

t
= y=log (t) +C

=% log(ex +e"x)+C

Question 6:
Do (142) (14 2?)

%:(1+x2)(1+y2)
d .
= 1+J;2 =(1+x')dx

Integrating both sides, we get:

| d"vzzf(sz)dx

1+ y

= tan' y= Idx+j‘x2dx
3

_ X
=tan” y=x+—+C
X
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Question 7:
ylog ydx —xdy =0

vlog ydx—xdy =0

= ylog ydx = xdy
dy  dx
ylogy x

Integrating both sides, we get:

oo (1)

ylog y

Let logy =t
d dt
= —/(lo =—
5 8=
1 _adt

y o dy

1
= —dy=dt
¥

Putting these values in equation (1) , we get:
dt ¢dx
[ '[ X

= logt=logx+logC

= log(log y) =log Cx
= logy=Cx

= y:e('.'.\:

Question 8:
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Integrating both sides, we get:
07
x y

:>j.x""’dx+J'y"5dy=k
4 4
=X +2 ¢
4 4
= xt+yt=—4dk

=>x'+y"=C  (where C=-4k)

Question 9:
dy !

—=sin x

2. sin”' x
dx

= dy =sin™" xdx

Integrating both sides, we get:
jdy = Jsin" xdx
= y= I(sin“ x.l)ab:

= y=sin" x.j(l)dx—jﬁ-j—x(sin-' x)j(l)dxﬂdx

:>y:xsin"x+J

1-x

Let 1-x>=¢
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>4 (1)=&
dx dx
= -2x= ﬁ
dx
:>xdx‘=—la"f
2

Putting these values in equation (1) , we get:

|
= y=xsin" x+ | —=dl
y=xsin_ x J2\/t_
1 -l
-
= y=Xxsin x+~2—I(I)3dI

1
2
— = = )
= y=Xxsin x+5. 5 +C

2
= y=xsin" x+t+C

y=xsin"' x+V1-x*+C

Question 10:
e* tan ydx + (1 —e*')sec2 vdy =0

e tan ydx + (1 e ) sec” ydy =0
(1 —e )sec:2 ydy = —e* tan ydx

Integrating both sides, we get:

sec’ y -
dy = dx sl
I tan y 4 Il—e" ( )
Let tany=u
d du
Y t = ——
::-dy( an y) &

2 du
= sec’ y=—o
dy

= sec’ ydy =du
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Integrating both sides, we get:
sec’ du
e gy e
tan y H
=logu
=log(tan y) i 2]

Now, let (1 - e"') =k

Integrating both sides, we get:

j%m: =

=logt

=log(1—e"’) ..-(3)
(3)

Using (1 ) (2 )
= log(tan y) =1 )+logC

nd

og(1-
= log tany) [ e ]
:>Lany=C(1 e)

For each of the differential equations in Exercises 11 to 14, find a particular solution satisfying the
given condition:

Question 11:

(r +x +x+l)jx—2x +x;y=1 when x=0

(x3 +x° +x+l)d—y=2x2 +x;y=1

dx
dy 2 +x
dx (x]+x2+x+l)
- 2x" +x %

(x3+x2+x+l)

Integrating both sides, we get:
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3 2x% +x
Jﬂ{v_'[(x3+x2+x+])dx wa{l)

2x* +x A Bx+C
= +
Let (x+l)(x2+l] x+1 x> +1

{2)

% 2x%% +x _ Ax* + A+(Bx+C)(x+1)
(Jc+l}(x2 +1) (x+])(x2 +1)

=252 +x = Ax* + A+ Bx* + Bx+Cx+C

=2x’+x=(A4+B)x*+(B+C)x+(4+C)

Comparing the coefficients of x* and x, we get:

A+B=2
B+C=2
A+C =0

Therefore,
ot @ns -1
2 2 and 2

Substituting these values in (2) , we get:

2% +x 1 1 1(3x-1)
(x+l)(x2+l)_2(X+1 2(x’+])

Hence, equation (1) becomes:

Jor=3 g5 g

bt 2 b
_%log(x+])+gjx22;dx-%tan o W
:ii2iog(x+[)+3log(x2 +1)}—%tan 'x+C
:%:log (x+l)2 +lcug(x2 +l)3]—%tan"x Y s
:%“log(xﬂ)z (x2 +1)3} —%tan Tx+C

Now, ¥=1 when x=0
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:lzilog(l)—%tan" 0+C

jl:lxo—lx0+C
4 2

=C=1
y:l[log(x+ 1)2 (x2 + I)S:|—-I—tan" x+1
Thus, 4 2

Question 12:

dy .
x(xz_l)a_hy_o when x=2

Integrating both sides, we get:
1

j@:jq;jﬁ;:ﬁﬂ (1)
: e .

B A(x—l}(x+1)+ Bx(x+l)+C'x(x—1)

1
x(x—])(er'I)_ x(x=1)(x+1)
1 (A+B+C)x*+(B-C)x—A
— =
x(x-1)(x+1) x(x-1)(x+1)
Comparing the coefficients of x* and x, we get:
A=-]
B-C=0
A+B+C=0
Therefore,
A=—1,B=1 c-1
2 and 2
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Substituting these values in (2) , we get:
1 -1 1 1

x-D(xtl) x  2(x=1) 2(x+])

—

Hence, equation (1) becomes:

[dv= j dx+—j—dx LY I

x+1

— y=—logx+alog(x—l)+ Elog(x+l)+]ogf'(

Now, ¥=0 when x=2

:m:%log{kl(z—l)(zﬂ)}

4
ﬁlog(siujzo

2
3k
4
=3k’=4
L.
3
Thus
| -4(.x-1)(x+l)
=—]
4 zog_ 3x°
[4(x> =1
—llog (xz )]
2 3x
| _4 (xz—l)
=—log| —.
20g 3 X
—l]o X~ —llo 4
e 3 By
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Question 13:

cos[j—y]=a(a €R); y=1

X

[dy]
cos| = |=a
dx
d
=% _cos'a
dx

when x=0

= dy =cos”' adx

Integrating both sides, we get:
de =cos ' aIdx
= y=cos ax+C

= y=xcos 'a+C

Now, ¥=1 when x=0
=1=0.cos"' a+C
=C=1

Thus,
Y =XCOS
y—1
X

= COS[y———]) =da
X

b

= =cos'a

Question 14:

C—iy——’tanx' =1
dx + Y= When x=0

dy
— =yptanx
de 7

jd—y=tanxdx

¥

Integrating both sides, we get:
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dy _
J? = Itan xdx

= log y =log(secx)+logC
= log y =log(secx.C)

= y=Csecx

Now, ¥=1 when x=0
= 1=Cxsec0

— S 8L

=5.E=1

Thus, vy =secx

Question 15:

Find the equation of a curve passing through the point (0.0) and whose differential equation

is y'=e'sinx

y'=e'sinx
d -
=Y _ esinx
dx

= dy =e" sinxdx

Integrating both sides, we get:
de = _[e" sin xdx
yzj.e"sinxdx (1)

Let I= Ie‘ sin xdx
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= | =sinx|e*dx— i sinx).| e*dx |dx
1
ax

= [ =sinx.e” —J-cos x.e‘dx

= [=sinxe" —[cos xf e“dx — I[di{cos x)j e"dx}dx}
Iy

= [ =sinx.¢e” —[cos)ﬁ?fT —I(—stn x)gxdx]
= J]=e¢"sinx—e " cosx—/
=521 =e“{sinx—cosx)

e’ (sin x—cosx)
2

==

Substituting this value in equation (1) , we get:

e e* (sin x2— cosx) .

Since, the curve passes through (0.0) , we have:

e’ (sinO—cosO]
=0= +C

1(0—1
:O—M+C

2
1
=C=—
2
Thus,
e (sinx— cosx) 1
== +—

2 2
= 2y =¢"(sinx—cosx)+1

= 2y—1=e"(sinx—cosx)

= 2y—1=¢"(sinx—cosx)

Hence, the required equation of the curve is 2¥ ~1=¢’ (sinx—cosx)

Question 16:

dy
= =12 2 2
For the differential equation L dx (x+2)(y+2)

1,—1)_

. Find the solution curve passing through the

point (
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dy
y—=(x+2 2
- (x+2)(y+2)
:,)[ v Ja‘y:(x+2]dx
y+2 2

Integrating both sides, we get:

J[I-yizjc{v:_[[H%]dx

= Jay—2] = e+ 2f L

= y-2log(y+2)=x+2logx+C

= y—x—C=logx’ +log(y+2)’

S F-g—C= ]OE[IE(J"*g)z]

1,-1)

Since, the curve passes through ( , we have:

=1-1-C=log| (1)'(-1+2)’ |
= -2-C=logl
=-2-C=0

=C==2

M= = .2 - . . .
Thus, * et [x (7+2) } is the required solution of the curve.

Question 17:

Find the equation of a curve passing through the point (0.-2) given that at any point(x .¥) on
the curve, the product of the slope of its tangent and y-coordinate of the point is equal to the x-
coordinate of the point.

Let x and ¥ be x-coordinate and y-coordinate of the curve, respectively.
We know that the slope of a tangent to the curve in the coordinate axis is given by the relation,

dy
dx

Therefore
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=y Yy

dx
= ydy = xdx

Integrating both sides, we get:

Jydyzjxa.’x
2 2
=2 -2 4c
2 2
=iyt =t =0C

Since, the curve passes through (0,-2) , we have:
=(-2)"-0*=2C
=2C=4

Thus, »* —x" =4 is the required equation of the curve.

Question 18:
At any point (x.7) of a curve, the slope of the tangent is twice the slope of the line segment
joining ate point of contact to the point(_4* -3). Find the equation of the curve given that it

passes through (-2.1),

(x.%) is point of contact of curve and tangent.
y+3
Slope (m) of segment joining (x.7) and (-43) is x+4

We know that the slope of a tangent to the curve in the coordinate axis is given by the relation,
&
dx .

dy
Therefore, slope (m) of tangent is dx .

Since, ™, = 2m,

DEZZ(JHJ)

dx x+4

dy 2dx
—

y+3 x+4
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Integrating both sides, we get:

dy dx
jy+3_2jx+4

= log(y+3)=2log(x+4)+logC

2

= log(y+3)=logC(x+4)
:?»y+3=(?(Jnr+4)2

Since, the curve passes through (-2.1) , we have:
=1+3=C(-2+4)’

=4=4C

=C=1

2

Thus, ¥ *+3=(*+4)" is the required equation of the curve.

Question 19:
The volume of spherical balloon being inflated changes at a constant rate. If initially its radius
1s 3 units and after 3 seconds, it is 6 units. Find the radius of balloon after ¢ seconds.

Let the rate of change of volume of the balloon be £.

B
dt

:i[imﬁ): k
di\ 3

= iﬁr.Sm‘z.ﬂ =k
3 dt

= 4drridr = kdt

Integrating both sides, we get:
J4m‘2dr = ‘[kdt

3
:>49r%:kr+C

= 4rr’ =3(k£+ C)

At t=0,r=3
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$4frx2?=3(kx0+C)
= 1087 =3C
= (C =36z

Now, at t=3,7=6

= 4rx6’ =3(kx3+C)

= 864r ~—-3(3k +36rr)

= 3k =288x 367 =252x
= k=84n

Hence,
41 = 3[84:1.-5 + 36?:]

4rr’ =4m (63t +27)
r’=63t+27

1
= (63r +27)§

1
Thus, the radius of the balloon after # seconds is (63H 27)3 .

Question 20:
In a bank, principle increases continuously at the rate of #% per year. Find the value of 7 if X

100 doubles itself in 10 years. (log, 2=0.6931)

Let 7. and 7 represent the principle, time and rate of interest respectively.
The principle increases continuously at the rate of »% per year.

dp r

= = —
dt [IOOJP
p 100

Integrating both sides, we get:
J@ L o
p 100

rt
=logp=—++Fk
&P =100

i

— pzeloo'
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It is given that » =100 when t=0

Therefore,

= 100=¢"

Now, if =10 then p=2x100=200

Hence,

200=¢"

=200 =¢!0 ¢

r

=200 =e'.100

et =2
Ia

=—=log 2
0 08

= 06931
10

—xp =6.931

Thus, the rate of interest, » =6.931%.

Question 21:
In a bank, principle increases continuously at the rate of 5% per year. An amount of 1000 is

deposited with this bank, how much will it worth after 10 years. (enlj = ‘648)

Let p and t be the principle and time, respectively.
The principle increases continuously at the rate of 5% per year.

:>d—p=5%xp
dt

dp 5
===
&t (100]*0

_%_r
dr 20
_ dp_adt
p 20

Integrating both sides, we get:
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Jd_pzi di
p 20
t
=logp=—+C
8P=%

b

= p=e¥
Now, p=1000 when =0

Therefore,
— 1000 = ¢

Now, at t=10 and ¢“ =1000

E+('
o p:ezu
j‘pzetlﬁxe('
= p=1.648x1000

= p=1648

Thus, after 10 years the amount will worth X1648.

Question 22:
In a culture, the bacteria count is 1,00,000. The number is increased by 10% in 2 hours. In how

many hours will the count reach 2,00,000, if the rate of growth of bacteria is proportional to
the number present?

Let y be the number of bacteria at any instant ¢.
Rate of growth of the bacteria is proportional to the number present.

dy
=

a7

dy
=< =

dt L
=5, d—} = kdl

y

Integrating both sides, we get:

L4
jy k[ dt
=logy=kt+C
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Let Yo be the number of bacteria at 1 =0.
=logy,=C

= log v =kt +log y,

= logy-logy, =kt

= log [lj =kt
Yo
= kt= log{lJ
Yo

Since, the number of bacteria increases by 10% in 2 hours.

- 110
=—1
y 100)9

y 11

Y “1_0

Taking log on both the sides
y 11
= log| — |= log[—)
[%J 10
=kt = log(EJ " log 2=
10 Mo
11
= k2=log| —
Og[lo)

Therefore,

:>—1-lo (Ejf—lo =4
2 %10 > Yo

Now, let the time when the number of bacteria increases from 1,00,000 to 2,00,000 be %

Therefore, ¥ =Yo at £ =1
Hence,
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2log?2
11

lo [ ]
Thus, in . 10 ) hours, the number of bacteria increases from 1,00,000 to 2,00,000.

Question 23:

dy — Xty
The general solution of the differential equation dx “ s
(A) e'+e”’ =C (B) e"+e'=C
(C) er+e"=C (D) e*+e’ =C

% =" =¢'e’
dy _
e
=e'dy=e'dx

e"dx

Integrating both sides, we get:
je‘-"dy = Je'“dx
=>-e’'=e +k
=e te’ =—k

=e +e” =C (where, C =—k)

Thus, the correct option is (A).
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EXERCISE 9.5

In each of the Exercises 1 to 10, show that the given differential equation is homogeneous

and solve each of them.
Question 1:

¥ +xy)dy=(x*+y*)dx
(" +a)dy =(

(f +3Ly)dy = (x2 +y2)air

Q_xiz_’_yl
dx  x*+xp

can be written as:

2 2

F(x, y) _ .x2 +V

x* +xy

2 2 q
F(Ax,2y)= (;Lf) o)y - a =1"F (x,p)
(Ax)" +(Ax)(1y) x +xy '

Equation is a homogeneous equation.
Let y=wx
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dy dv
—_ +x_
dx dx

dv X +(vx)2
Vhx—=—F—
dx  x*+x(vx)

dv B 1++v*

= Vv+x—=
dx  1+v

dv _1+v (1+7) =v(1+v)

de 1+v 1+v

- 2—l+v)dv:

ﬁ
1-v X
dx

: _1)@:
1-v x

= —2log(1-v)-v=logx—logC

=

= v =-2log(1-v)-logx+logC

C

Question 2:

,_)C-l—y‘

»

X
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x+y

&
dx

X
X4y

F(x.y)= .

F(Ax,Ay)= lx;xly = x:y =AF(x,y)

Equation is a homogeneous equation.

Lety=vx
g 2
dx dx
dv  x+wx
V+Xx—=
X
=Dv+x—=I1+v
x@:l
dx
=dv=—
X
dx
= ldv={|—
Jav=[=

v=log|x|+C
S log|x|+C
X

= y=xlog|x|+Cx

Question 3:
(x—y)dy—(x+y)dx=0

(x—y)dy—(x+y)dx=0
B EA) (1)
dx x-y
x+y
X=Y
Ax+Ady x+y .,
= = :Z F 5
Ax—=Ay x-y (x y)
Equation is a homogeneous equation.

Let F(x,y)=

o F(Ax,Ay)
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dv x+vx l+v
V+x—= =
dx x—vx 1-v

v l+v 1+v—v(1—v)

E_l—v_ 1-v
v 1+v?

= x—=

dx  1-v

l1-v dx
NN

1 dx
:[ 2 vzjdv=_
1+v 1+v X

tanlv—%log(l+v2)=logx+c

B 2
= tan”'| 2 —llog 1+[Z] }zlogx+C
x} 2 X
1 .2 2
= tan ! 2 ——log a +2y }=10gx+C
x) 2 | X
all Y 1 2 2 2] _
= tan = —E[log(x +y )—logx ]—logx+C
|y 1 2, .2
=tan | = |= —log{x" + +C
~|=loe(x* +57)
Question 4:

(xz —yz)cir+2qudy =0

x*—y? )dx+2xydy =0
(x*-7)

=>d_y_ (xz_y'_')

dx 2xy
Let F(x,y) = —%
[T v

Given differential equation is a homogeneous equation.
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= log(1+ v3)= ~logx+logC = logg
be

=1+v =—
¥

; )4’2
=|1+=—|=

=i vy =0

=M

Question 5:

xzﬁ=x2—2y2+xy
dx

2,

2 &y 2 2
X —=x"-2v"+x
dx y 2%
dy_x2—2y2+xy

dx x

2 z
Lk F(x,y):x—?ﬂ

Ax) =2(Ay) +(2x)(2 gy
R () =8 —2A) FARNRY)_ £ o2 vy o,
(2x)’ %
Given differential equation is a homogeneous equation.
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. —
a elx
2
v+x£— x° —7(vx)1 +x.(x)
dx x°

Question 6:

xdy — ydx =/ x* + ydx

Solution:
xdy—ydxzmdx
= xdy=[y+m]dx
d_y_ y+ Jx +y2

dx x
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Let, F(x y) y-i-— NN Y
ALF (A% Ap) = (;“x)“L\J(;x)Z (Ay)z _ y+x" 4y =1"F(x.y)

Given differential equation is a homogeneous equation.

Lety=wx
dy _d
e L,
:\>Q:v+xﬂ
dx dx
:>v+xdv VX + 4/ x° +(vx]
x
:>v+xﬂ:v+\!1+v2
dx
&
1+v? X
log v+ V1+v*|=log|x|+log C
y / y:
= log|=+,/1+=|=log|Cx|
X X

yalx®

=log|Cx|
x

= log

= y+4xt+y* =Cx?

Question 7:

({22 (2

(2 22
o )l
) el

® =

==
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{xcos[%]jt;y sm[ ]}
Let F(x,y)= :
y {ysm[);] xcos[ ]} |
p—— {/h cos[ +/"Lysin[ii]}&y {xcos[ﬁ]+ ysin[iﬁ]}y 5 b

\:

(22 222

Given differential equation is a homogeneous equation.

dv (xcosv+vxsin v).vx
v+x—=
dx (vxsinv—xcosv)x

2 .
dv  vcosv+visinv
= VvV+x—=

YSIN vV —COSv

dv  vecosv+visinv
=x—= - —v
dx vSin v —cosv

2 - 2 -
dv  vecosv+v sInvy—v sinv+vcosy
:>x—=

VSINV—COSV
dv_ 2vcosv
dx vsinv—cosvy

[vsinv—cosv} 2dx
= — " |dv="1
Veosv x
2dx
:(tanv——]dv——
v x

log (secv}—logv=2log x+logC

log[ ]_ log{Cx)

:(secvjzcxz
v

= secv=Cxv

x
= sec(lj =Cxy
x
= COS[Z] S i
x Cxy xy
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Question 8:

xﬁ—y+xsin[l]=0
dx x

dy

x——y+xsin(£J=0
dx x

—=—= (D)

-

y—Xxsin [—)
Let F(x,y) = S Y.

X
Ay—lxsin(%] y—xsin(-J—’)J
X X 0
= =& Fla
Ax x (x y)

Given differential equation is a homogeneous equation.

S F(Ax,Ay)=
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= V+x—=v—sinv
dx

dv dx
= —
sinv X

dx

= cosecvdy = ——
x

log |cos ecv—cot vl =—logx+logC =log &
x

= cosec [ijcol [XJ =(—"
X X X

1 COS[ZJ C

= - -2

lz] (]
o i st

Question 9:

ydx+xlog[zjdy—2xdy =0
x

Solution:

yafx+xlog(yjaj/~—2xdj)=0

x
_ y
= ydx = |:2x —xlog [—]] dy
%

& ¥

dix 2x—x10g(zj
x

Let F'(x,y)= S S
2x—xlog[zJ
x

S F(Ax,2y)= Ay = : =A'F(x,)

2(1x)—(2x) log(%] ) 2x— X log(%}
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Given differential equation is a homogeneous equation.

Lety=vx

3 VX
dx  2x-xlogv

dv v
=Sv+x—=
dx 2-logv

dv v
=>x—=
dx 2-logv

dv  v—2v+vlogy

==
dx 2—-logv
dv  viogv—v

> X—=————
dx 2-logv

2—-logv v dx

v(logv —1) x

[ 1+(1-logv) P
| v(logv-1) X

—1 =1 logC
jjv(logv—l) ogv =logx+log

Let, logv—-1=t¢
d dt
= —(logv-1)=—
wosr=l) =2
1 dt
= —=—
v dv
:@:dt
Vv

:J%—logv:logxﬂogc
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)—lob(Cx)

Y
= log log[%} }—Iog[ }—log(({‘x)
el )|

= log

= i[Iog [Z)— IJ =Cx
Y% X
= log[ZJ—l =Cy
b 5

Required solution of the given differential equation.

= log? —log[

Question 10:

[1+ey]dx+e-" [1—£]dy=0
y

1+’ dr+e;(1—£]dy=0
y
=|1+e” dx=—e}(l—£]dy
y
_93[,_5]
dx ¥y

= — = -
dy 3

1+e’

=l @
S
Let F(x,y) WO .

X

1+e”
—e;; (l - ;LXJ —eﬁ [l — 5]
S F(Ax,2y)= L= L= A°F ()
1+e™ I+e*

Given differential equation is a homogeneous equation.

Get More Learning Materials Here : i m @&\ www.studentbro.in


https://www.cuemath.com/?utm_source=website&utm_medium=pdf&utm_campaign=ncert-solutions
https://www.cuemath.com/?utm_source=website&utm_medium=pdf&utm_campaign=ncert-solutions

dy
dx
> —=v+ty—
dy dy
v+y£ —e (l V)
dy I+e"

dv —e +ve' —v-ve'

dy 1+e”
- dv _ | v+e
Y& | 1+e

i{l-ke‘ld":_@
v+e y
=% log(v+e")=—]ogy+]0gC

8
I Y)=log| —
= 0g(v+e) og[y]

X,
==+’ |=

X

:>x+ye-L' =i

< |0

For each of the differential equations in Exercises from 11 to 15, find the particular
solution satisfying the given condition:

Question 11:
(x+y)dy+(x—y)dx=0; y=1 whenx =1

(x+y)dv+(x—y)dx=0
= (x+y)dv=—(x-y)dx

_dy__(-y)
dx x+y
Let /' (x,y)= ﬂ
xX+y
‘ -(Ax=21y) —-(x-») .o,
S LA, Ay) = = L= A F
( . y) Ax+ Ay x+y (x,y)

Given differential equation is a homogeneous equation.
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v+]9 a‘v:—ﬁ
1+v° X

3[ L + l }fvz—ﬁ

>
L © Japy? X

l 2 -1

—log|l+v )+tan v=—logx+£k

5 g( ) g
:Iog(l+v2)+2tan 'v=-2logx+2k

= log[(l+v2)x2]+2tan'lv: 2k

2
:>logH1+y,, ]xz}+2tan_1£:2k
7

=% log(x2+y2)+2ttm 1Y =9
X

Now,y=latx=1
= log2+2tan”' 1 =2k

:>10g2+2x%=2k
:%+log2:2k

2 2 -1 ¥
log(x +y )+2tan ]x

7T
=—+log2
5 g

Question 12:
xzdy+(zy+y2)dx=0;y=1 when x =1
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xzdy+(xy+y2)dx= 0
=% dy= —(xy+ yz)dx
L& _~(w+y)

dx X

~(w+)?)

2

s F(Ax,Ay)= [;Lx‘lij(;Ly)b:l = —(xy+y3] =A°F(x,)

(Ax) (Ax)

Given differential equation is a homogeneous equation.

F(x,y)=
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2
—| xx+
v+xﬂ= [xvx () }=—v—v2
dx x

1
= 5[logv—log(v+2)] =—logx+logC

:llo d =lo 9
2 & v+2 gx

:>C1=l
3

y 1

y+2x 3
= y+2x=3x"y
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Question 13:

[xsirt2 [-X—yﬂdx+ xdy =0; y =% when x =1
X

Solution:

[.\csin2 {X - yﬂdx +xdy =0
x
, I
_a 1T

dx X

Let F(x,y) = [xsngﬂy]

. {Axsinz {%)—&v} ) {xsinf(%]—y}

=A"F(x,y)
X X
Given differential equation is a homogeneous equation.
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Lety=vx

d d
= o V)= E(vx)
2 W g
dx dx
v+xﬂ _ —[xsm“v—w:l
dx X

av

:‘>1r+x—=—[:sin2 v—v} =y—sin’v
dx

dv i g
= x—=-sin"v

dx
dv  dx
sin’ v x

2 ﬂfx’
= cosecdv=——
x

= —cotv = —log|x|—logC

= cotv =log|x|+log C
= cot [ZJ =log|x|+logC
x
= cot {XJz log|Cx|
X
P T oatx=1
4
= col(%]:log‘q

= 1=logC

= =g =g

cot [lj = log|ex|
X

Question 14:

d_y_1+cosec[£]:0;y=0 Whenle
dx x %
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d_y_er cosec(i)zﬁ
dx  x X

d
j_y:z_msec[z}
dx x X

Let F(x, y) =¥ _cosec [ij
x X

s F (l.r, fl}’) = % —Cosec [QJ wd gy ec(—?) = A°F (x,y)

Ax] x

Given differential equation is a homogeneous equation.
Lety=wx

d d
= — =—(wvx

— () =—(»)

a
=Y _yix i

dx dx

v
V+X—=V—-C0S5ecv

dv dx

= — =—
cosecv X

. dx

= —sinvdv = —
x

= cosv =log x+log C = log|Cx]

= COS[Z] =log|Cx|
x

y=0atx=1
= cos(O):logC

=C=¢=¢

co 2=t

Required solution of the given differential equation.

Question 15:
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2xy+y2—2x2%:0

=22 _ 2xy + y?
dx
dy 2xy+y°
dx 2x?
2xy+ vy’
2x?
2(2x)(A¥)+(Ay)  2xp+y?
2(Ax) C2x
Given differential equation is a homogeneous equation.

Let F(x,v)=

sHF(Ax,Ap)= =AF(x,¥)
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Lety =wx

dv
= =y+x—
dx dx

2
i 2x(vx )+ (vx)
dx 2%

v 2v+yv?
= V4+X—=
dx 2

I=log\x|+C

= —g=10g|x‘ 0
v

— X =log|x|+C
b 4

=5 =log|x|+C

y=2atx=1
= —1=log(1)+C
=C=-1

ﬁ—gzlog\ﬂ—l
y

-

:‘>§=l—log‘x‘
y

2x
=V

] :Wg‘xl,(x;'fo..’(fié‘)

Question 16:
dx

X

]
A homogeneous differential equation of the form 4@V [}’]can be solved by making the
substitution
(A) y=wx
(B) v=px
(C) x=w
(D) x=v
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dx P [ x}
For solving homogeneous equation of form @V Y J, we need to make substitution as X =Vy

Thus, the correct option is C.

Question 17:
Which of the following is a homogeneous differential equation?

(A) (4x+6y+5)dy—(3y+2x+4)dx=0
(B) (xp)dx—(x*+3")dy=0

©) (x* +2y% )dx+2xydy =0

(D) Ydr+(x* ~xy* =) )dy=0

F(x.7)is homogeneous function of degree n, if £ (A%.Av)=2"F(x.y) for non-zero constant
(4),
Consider equation given in D:

yzcier(Jc2 — xy’ —yz)dy:O

dy -y V'

1y 2
F(Ax,Ay)=— ( y? - -
(Ay) +(Ax)(2y)" ~(Ax)
_ /12‘}]2
)Lz(yz +xy2_x2)

=A° y—z\,
yz_'_xyz_xzj

=A"F(x,)

Differential equation given in D is a homogeneous equation.
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EXERCISE 9.6

For each of the differential equations given in Exercises 1 to 12, find the general solution:
Question 1:

ﬁ+2y =sinx
dx

dy
—+2y=sinx
Differential equation is dx

d
ypr

This is in the form dx where =2 and Q=sinx

LF. _{,'[‘Mt eIM =

y(IF)=[(@x1F)dx+C
= ye't = jsin xedx+C

Let, ! = [sinxe”

=1 = [sinx[e”dx~| [%(sin x).| e”dx}lx

== sinx.F;—x—J- cos x. "2 de

N ;i“ —% s fer = [%(cosx]je“dx]dx}

esiny 1
=71= - cos,xj——j{ —sinx). —}dx]

=]= ¢ ;in:c e :osx ;I(sm xez")dr

2x
=N :%(2sinx—cosx)w—lr

2x

=l =?(25inx—cosx)

2x

(2sinx— cos:c)

2x
ye* =€5 (2sinx—cosx)+C

I . S
= y =—(2sinx~-cosx)+Ce™
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Question 2:

d—y+3y=e_2"'

dx

Solution:

d_y + = Q
Differential equation is dx  ©-

(where, p=3and Q= e'z-‘)

LF.=el™ el — ¢
y(ILF)=[(QxLF.)dx+C
= ye’' = I(e"z" x e’ ) +C
= ye'* :Ie"derC
=y =¢e"+C

> y=e> +Ce™

Question 3:
.@.}.Z:xz
dx x
Solution:
dy

— 4 =
o T 0

[where,p wl and Q= xll
X

7=l =eJ.-]?& =g
y(IF)= [(Qx LF.)ds+C
:,vx:j(xz.x)dwc
:>yx=_[x3.ait+C

4

X
= w=—+C
=g

xsl

=xy=—+C
V=Y
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Question 4:

dy 7T
— +(sec =tanx| 0<x<—
dx ( x)y x( A 2]

Solution:

dy
— 4 —
R )

(where, p =secx and O = tan x)
Fidis e_[ﬂdt _ e]scc.m’x _ elog{scc x-+tan x)

y(1F)=[(QxI.F)dx+C

= y(secx+tanx)= Itan x(secx+tanx)dx+C

=secx+tanx

= y(secx+tanx)= Isecxtanxdx+_[tan2 dx+C

= y(secx+tanx)= sccx+j(seczx—l)cbf+C

= y(secx+tanx)=secx+tanx—x+C

Question 5:

cos’ xQ+y =tanx 0Sx<£]
dx 2

Solution:

cos’ x-al+y=tanx 0<x<ZX
dx 2

9’!__*_ y _ tanx
dx cos’x cos’x

dy 2 2
= —+|sec” x)y=sec x.tanx
o (55 3)

=

dy
— =
L 0

(where, p =sec’ x and Q =sec’ x.tan x)
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J. pelx J.secz xelx

L= =g =gt
y(1.F)=[(Qx L.F.)dx+C

= ye™* = j(secz x.tan x.et“”)derC
= ye™* =" (tanx-1)+C

tan x

= y=tanx—1+Ce

Question 6:

Jcat—“]"+2y=x2 log x
dx

Solution:
dy 2
x—+2y=x"logx
R Y g

:>d—y+E =xlogx
dx xy

dy
— 4} =
7 TRy Q

(where,ng and szlogx]
X
Lol e_lf"b‘ _e!;dx _ e’zlogx _ e]ogx: .
1F)=[(QxI.F)dx+C

:>yx3-j xlog x.x )cﬁr+(_
:>x2y=j flogx)dfr+€

=58 = longfdx J.{ Iogx)jx cbc}ix+('

: 4
= x’y=log x_%—](%%}iﬁ(f

4
». Xlogx 1p 4
=ty ——|xdx+C
4 4 4I
4 4
By iE 1 o
4 4 4

= y= %xz (4logx—1)+Cx
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Question 7:

dy 2
xlogx—+y=—logx
X P - g

Solution:
dy 2
xlogx—+y=—logx
dx ¥ X 5
W, Y 2
de xlogx x°
24
SIRCASPE T —_
e
2
[whcre p= and Qz—jl
xlogx X°

LI
ILF. = ejpdx = eJ slogx _ logllogz) _ log x

V(ILF)=[(Qx LF)dx+C

= ylogx :_f(%longafx+€

I[%log x] dx = 2_[[10g xx%]a‘x

- 2:10gx.j%dx-j{%(logx).j:_zdr}m—]

-G

[ logx 1
=2| - + | —dx
% -[x2 ]

:2__logx

X

5

2
=—=—(1+1
x( +log x)

viog x =

—g(l +logx)+C
X

Question 8:
(1 + x° )a’y + 2xydx = cot xdx (x # 0)
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Solution:
(I +x2)ajz+ 2 xydx = cot xdx

dy  2xy cotx
==+ =

dx (l+x2)_(l+x2)

D & i = andg-=
dx+py_Q [where,p(l+x2) and QO
I.F. ZQIM —p %dx _ elog(H,rz) _ I-[—XZ
y(I1.F)=[(Ox1.F}dx+C

t
= y(142)= [[F285x(144°) Jar
:>y(l+x2)=_[cotxdx+C
:>y(1+x2)=10g]sinx[+C'
Question 9:

x%'}—)+y—x+xyc0tx=0(x¢0)
X

Solution:

xi—y+y—x+xycotx=0(x¢0)

d
= —y+1—1+ycotx =0

dx x

X

:gl+y[l+cotx)—1=0
dx

= d—y+[l+cotx]y=1
dx \ x

dx
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IF - eJ'Pffvl‘ s e.“i Icotx,]dr - elng'-lng(sinx] = elug{xsin.\'] - JCSiIl x
y(1F)=[(QxLF)dc+C
= y(xsinx)= I(l x xsin x) dx+C

= y(xsinx)= J(xsin x)dx +C
= y(xsinx)= x_[sin xdx — j[%(x).]sin xafx} +C
= y(xsinx) = x(—cosx)—fl.(—oosx]dx+ C

= y(xsinx)=-xcosx+sinx+C

—-xcosx sinx (@
= P= _ +—t—
Xsimnx Xsinx Xsinx

v

|
= y=—cotx+—+—;
X xsinx

1
D y=—-cotx+—
b xsin x

Question 10:

a'y)
x+y—|=1
[ Y
Solution:
dy
x+y)=—=1
(oeok3) =
&, 1
dx x+y
S»ﬁ—x+y
dy '
ﬂﬁ—x—v
o ]

Put in form ﬁ+ DX =0,
dy

(where,p] =-land Q, :y)
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LF.=el? = fet =ev
o = [(ve )y

> xe” =y [evdy-| {%( »).f e‘-"dy]ajz +C

) B',"' e_.‘\. .
=t M — || — |dy+C
X J)[ 1 } J-[ =1 ] a4

= xe” =—ye” + [e?dy+C

3]({:' }-:—yey_e 1+C
> x==y~1+Ce’

= x+y+l=Ce’

Question 11:
ydx+(x—y3)a'y:0

Solution:
yax+(x—y*)dy=0

:>}’dx—(y3 _X)dy=0

d_y'-x_ x
dly v ¥y
dx x
= —4==y
dy 'y
dx
_+p]x=Q]

Put in form dy

(where, P = 2 and O, = yJ
y

1
O ejpla!" = Ie;d‘ = el"g-" =¥

y(I-F)zj(Q1X1-F.)dx+C

:xyzjy3dy+c
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:>xy=}—+C
3

s gad 4O
3 0y

Question 12:

(x+3)° )gz: y(¥>0)

X

Y _ .
(x+3y ):{;—y

dy

=

dx +3y’
- :x yzx

dy

Yy
x+3)°

Y

ﬁ@—izlv

dy

y

dx
—+px=0

dy

[where, P = 3 and O, = 3y]
Yy

rF=dm

Y(LF)=[(Ox L.F)dx+C

= J[gyxl

¥

1
= XK—
¥

=>X-3y4+C

¥

=x=3y"+Cy

&

— plogy _

T =e

+3y

]dy+C

< |

For each of the differential equations given in Exercises 13 to 15, find a particular solution satisfying
the given condition:
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Question 13:
-@+2ytanx=sinx; y=0 whenx:£
dx 3

Solution:

d—y+2ytanx=sinx
dx

dy
—~ 4 —_
g Q

(where,p =2tanx and Q =sin x)

LE =™ ool o W) _ o2
y(1F)=[(QxLF)dx+C

= y(sec® x) = j(sin x.sec’ x)dr+ By

= ysec’ x = j(secx. tan x)dx + C

= ysec’ x =secx+C

ia
=Qatx=—
Y 3

T T
Oxsec’ — =sec— +C
3 3

=0=2+C
=.E=-2
ysec’ x =secx —2

2
= V=00SXx—2C08" X

Question 14:

1
(l+x2]%+2xyzw; y=0whenx=1

Solution:
(l+x2)d—y+2xy= :
dx 14 x*
dv  2xy 1
P 1 2
dx 1+x (]+x2)
dy -
4 P =g
where, p = Zxﬁ and Q = 1 3
I+ (1+x2)
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2x
X —dx +x°
!.F.=ejm =eI‘”“ =el%’{I )=1+x2

Y(I.F)=[(QxLF.)dx+C

:>}’(1+x2):jl (l+x2)2 .(1+x2) dx+C
:sy(l+x2)=jl+lx2 dx+C

= y(l+x7)=tan™ x+C  ..(1)

y=0atx=1
:C:—E

y(l+)c2)=tan"1 x—g-

Question 15:

-ci)-)-—3yc0tx:sin 2x; y=2 when x e
dx 2

Solution:

ﬁj}--—3yc:\ot:c:si112)c
dx

dy _
dxﬂ?y—Q

(where, p = -3cot x and Q = sin 2x)

1
= e[ﬂdx = e"3j°‘“-’“i" - e—ﬁlog|smx o e]og:sinx| > o elog:sm:‘.\' — 1

sin’ x

y(I1F)=[(QxI F)ds+C

=1 ] :I[sian, ‘13 }dx—i-(_'

sin’ x sin’ x
= ycosec’y = 2j(cot xcosecx)dx+C

=> ycosec’x =—2cosecx +C

2 C
= V== o 3
cosec'x cosec X

= y=-2sin’ x+Csin’ x
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T
y=2atx=—
2

2==24C
=(C=4
y=-2sin’ x+4sin’ x

= y=4sin’ x—2sin” x

Question 16:

Find the equation of a curve passing through the origin given that the slope of the tangent to

the curve at any point (x,y ) is equal to the sum of the coordinates of the point.

Let F(x, y)

ay

At (£ ), slope of curve will be dx
dy
L =x+
dx 4

dy
=>—=—-y=x

dx 4
dy
S e
7 | =4

(where, p=—1and O = x)

1F.= ej-}m = eﬁ_wt =e"

y(1F) = [(OxL.F.)ds+C

= ye " = jxe“"dx +C

= ye " = x_[ e dx— J{% (x) I e'xdx}ﬂ +C

= ye =—xe™* +Ie"*dx+ 2
= ye " =-xe " + (~e_x ) +C
= ye* =—e*(x+1)+C

= p= —(JrJrl)wLCe"c

= x+y+l=_Ce"

Curve passes through origin.
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1=C

= x+y+l=e"

Question 17:

Find the equation of a curve passing through the point (

0,2)

given that the sum of the

coordinates of any point in the curve exceeds the magnitude of the slope of the tangent to the

curve at any point by 5.

F(x,%)be curve and let (¥¥)be a point on the curve. Slope of the tangent to curve at (%)is

ay;

(where,p =-land Q0 = x—S)
ILF = ef‘m = ejt I e’
y(IF)=[(Qx1F)dx+C
— R J-(x —5)e dx+C

I{x —5)e “dx =(x- S)Ie “dx — J‘L]i (x— 5)_J‘e' *’dx}!x

X

=(z-8)«")-[l=")
=(5—x)e_‘—(—e'”)
:(4—x)e *

Syt =(4-x)e" +C

Curve passes through (0=2)
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0+2-4=C.0

=-2=C
=C=-2
x+y—-4=-2¢
= y=4-x-2¢"

Question 18:
dy

. . . . . ——y=2x"
The integrating factor of the differential equation Yo 7T
1

(A) e (B) ¢” (©) x (D) x

dy 2

& =252
X TY=2x
=% b_y =2x

dx x
B,.'}i + = Q
g Py
[where, = L and O = 2x]
X

- IF. :ej_l‘h = e—!ogx :el"t’-{"-1) :x—i :i

Thus, the correct option is C.

Question 19:

. . . . . (1—y2)£+wf=ay(—l>y<l)
The integrating factor of the differential equation dy

1 1 1 1

A) ¥ -1 (B) V¥ -1 (€) 1-» (D) V1=’
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Thus, the correct option is D.
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MISCELLANEOUS EXERCISE

Question 1:
For each of the differential equations given below, indicate its order and degree (if defined).
d’y dy !
=~+5x|— | —6y=lo
() ax’ T(dx] PR

3 2
(ﬁ] -4 (ﬁ] +7y=sinx
(i) \dr dx

dy . (dy
(iii) P Sm[ | L

df + Sx(ﬂj -6y =logx
() dx’ dx
= it f+5x(£] —6y—logx=0
dx” dx

d’y
Highest order derivative present in differential equation is dx’ . Its order is two.
d’y
Highest power raised to dx’ is one. Its degree is one.

3 2
[@] -4 [ﬁ] +7y=sinx
(i) \dx dx

= L1 -4 4 +7y—sinx=0
dx dx

dy
Highest order derivative in differential equation is «x . its order is one.
.
Highest power raised to «x 1is three. Its degree is three.

dy . (d’y
(i) o’ _Sm[dx” ¥

d'y
Highest order derivative in differential equation is dx* . Order is four.
The given differential equation is not a polynomial equation. Degree is not defined.

Question 2:
For each of the exercises given below, verify that the given function (implicit or explicit) is a
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xy=ae' +he " +x*

(1)

=e" (acosx+bsin x
(1) * ( )
= xsin3x
(111) x

) x’=2y"1o
(IV) y logy

xy=ae' +he " +x*

(1)

xy=ae' +be”™ +x’

d y+2@—xv+x 2-2=0

dx

2
%+9y~6cos3x=0

(x* +y2)%—xy=0
d’y ,dy

D 2=yt -2=0
dx’?

dx

(1)

Differentiating both sides with respect to ¥, we get:

dx

= .‘C?-I-y: ae’ +bhe™ +2x

X

Again, differentiating both sides with respect to ¥, we get:

dy dy dy
dxdxdx

d’ y+2dy
‘ir_

=X

d y
Now, we have dx

2 13
LHSzxdy 4

=qe" +he™ +2—(ae"' +be™ +Jc2)+x2 -2

=ae' +he™ +2—ae" - be

=0
= RHS

xﬂ;—+_v.1 =a£—(e"')+bwi
dx

(7)+ ()

X

=ae" +he" +2

=qe’ +be ™ +2 ..(2)
dx

+2d——xy+x -2=0
a

—X

D s

[using (1) and (2)]

Thus, the given function is a solution of the corresponding differential equation.

y=e"(acosx+bsinx)

(i)
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y:ex(acosx-l-bsinx) (1)

Differentiating both sides with respect to ¥, we get:

y=e"(acosx+bsinx)=ae" cosx+besinx

=5 % = a.%(a‘* coS x)+ b.%(e" sin x)

:ﬂ: a(e‘T cosx—e”* sinx)+b(e*’ sinx+e" cos x)
dx
:>%:(a+b)e'fcosx+(b—a)e"sinx i 2)

Again, differentiating both sides with respect to x, we get:

i

:%: (a +b)£(e’ cosx)+(b—a)%(e“ sinx)

i3

d“"v X X b X 2 X
= i =(a+b)‘(e cosx—e smx)+(b—a)(e sinx+e cosx)
::»%:e‘ [(a+b)(cos x—sinx)+(b—a)(sinx+cosx)]
:>th1:=e*’[acosx—asinx+bcosx—bsinx+bsjnx+bcosx—asinx—acosx]
%
jd;f:ZG"(bcosx—asinx) v (3)
2

d’y dy
K W
Now, we have dx* dx

]
i M
&

=2¢" (b COS X — asin x)—2[(a+b)ex cosx+(b—a)e” sinx} +2e* (acos x+bsin x)

[using (1), (2) and (3)]

=e" [(Zh cosx—2asin x) —(2acosx+2b cosx)—(?.h sinx —2asinx)+(2acos x +2bsin x)]

+2y

=e* [2b cosx—2asinx—2acosx—2bcosx—2bsinx+2asinx+2acosx+2b sinx]

=i’ [O}

=RHS
Thus, the given function is a solution of the corresponding differential equation.
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2

y=xsin3x : -i%+9y—6cos3x=0
X

(111)
y=xsin3x (l)
Differentiating both sides with respect to x, we get:
= Y i(,acsin 3x)=sin3x+x.cos3x.3
dx dx
dy .
= ——=sin3x+3xcos3x
dx
Again, differentiating both sides with respect to x, we get:
dy d, . d
—==—{sin3x)+3—(xcos3x
d’y :
=>—5-=3cos3x +3|:cos 3x+x(-sin 3x).3]
dx— \
2
:>d¥=6c053x—9xsin3x (2)
dr‘.
d’y
—+9y—6c0s3x=0
Now, we have dx’ J
-9
LHS = jx—{+9y~6cossx
= (6 cos 3x —9xsin 3x) +9xsin3x—6¢cos3x [using (]) and (2)}
=0
= RHS
Thus, the given function is a solution of the corresponding differential equation.
x* =2y’ logy : (x2+y2)£éi—xy=0
(1v) ' dx

x> =2y"logy ..(1)

Differentiating both sides with respect to x, we get:
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:>2x=2dix[y2]0gy]

dy > 1 ady

=>x=| 2yl e —

X [yogydx y ydx]
zx:d—y(Zylogery}

dx

dy X
=T == (2

dx  y(1+2logy) (2)

dv
P+t )=——xy=0
Now, we have (x # )dx &

LHS:(J\‘2 +y2)%vxy
- ST V.. .
_(2y logy+y )'y(l+210gy) Xy [usmg (1) and (2)]

X

— 2 (142logy) ——_x
L2lgy) y(1+2log y) o

=Xy—Xy
={

= RHS
Thus, the given function is a solution of the corresponding differential equation.

Question 3:

2 12
Form the differential equation representing the family of curves given by (x—a) +2y°=a
where a is an arbitrary constant.

(.\:—a)ZJrZy1 =a’
= x* +a* —2ax+2y* =a*

= 2% =2ax —x* i 1)

Differentiating both sides with respect to x, we get:
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:>4y£:2a—2x
dx

Dﬁ=2a—2x

dx 4y
2
= Q= 2ax—2x
dx 4xy
2 0 s 3
2-@:M— I:from(l), 2axz2y2+xz:|
dx 4xy
dx 4xy

dy _ Zyz —x*

Thus, the differential equation of the family of curves is given as dx 4xy

Question 4:

2
&

2 3 o 2 2 . . . . .
Prove that * =7 _C(x +y) is the general solution of differential equation

(x' =3y )dx =y =3’y ) dy , where ¢ is a parameter.

(x3 —3xy? ) dx = (y3 - 3x2y)dy

dy x-3xy’
S o
= dx 7VJ_3x2y ( )

This is a homogeneous equation, to simplify it, let y =vx
d d
= E(J’) = E(V-‘f)

:>f;1—.=v+xé{ (2)
dx dx

Using (1) and (2)
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dv x'—3x (wc)2

=Sv+x—= 5
dx  (wx) —3x" (w)
dv 1-3v*
= VHx—=—
¢ v —3v
dv 1-3*
= X—=— —v
dx v =3v
ey I—3v2—v(v‘°’—3v)
—yx—= 5
dx v —=3v
dv  1—-v*
= X—=—
dx v -3v
3_
¥ :ivdv=ﬁ
| Y %

Integrating both sides, we get:

3_
:>I : Civ v =log x +logC’ ..(3)
1-v
v =3y vidv vav
= v = -3
I\]—v" J‘]—v‘1 j.l—v‘1
v =3y
= — f=1,-31, .(4)
vidy vy
where, [ = | ——and/, =
[ o I]—v4 ‘ Il—v*]
Let 1-v* =¢
Therefore,
=2 (1-v)=&
dv dv
:>—41,?3=£
Vv
dt

= vVdy=——
4

Now,
L
41
I
=——log?
=——log(1-v*) ()
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Let v’ =p

Therefore,

d ., d
=)=

:>2v=d—p
3

ﬁvdv=d—p
2

Now,
1¢ dp

Using (4), (5) and (6)

-3 1 3
j(vl_ v4dev=~Zlog(1—v“)—Zlog

1+v2‘

Using (2) and (7)

] 49

1 3
—Zlog(] —v4)-—z log —

A 83
1 1+v°
= ——log| (1-v* —| |=logC'x

=logx+logC’
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3 3
=4 —%log[(l—f)(] +v2)[1i:2 J ]log(T'x

4

——

]+v?)

(1 vz) ("x)
2N
[1+i—2}
} = w4 4
[l ;

x +y ) 1
4( y,) - (“4.‘!(4

= (Jc2 —y? )H =% (x2 +3° )4

Taking square root on both sides
:>(x2 —}»‘2)=C'2(x2 +y2)
:(x2 —),13)':(3(x2+y2}2 (where, =)

2

Question 5:
Form the differential equation of the family of circles in the first quadrant which touch the

coordinate axes.

Equation of a circle in first quadrant with centre (4,a) and radius (¢) which touches coordinate
axes is:

(J‘c—1f:)2+(y—a:)3=a.2 afl)

- [n:'f.L eﬂ

N

Differentiating both sides with respect to x, we get:
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:bZ(x—a)+2(y—a)%=0

= (x-a)+(y-a)y'=0
=(x—a)+p'-a'=0
= x+y/ —a(l+)")=0

x+ '

=a= .
1+ y

Substituting this value in equation (1) , we get:
e x+yy | e x+yy _[xtw
1+ | 1+ 1+y'

(S]]

= (x —y)2 P +(x- y)2 =(x+ yy')z
= (x=3) [14(7)" |= (x4 )

(=) [1+ () J= (et awy
Hence, the differential equation of the family of circles is i ) =+ 2)

Question 6:
2

dy  |1-y
—+
Find the general solution of the differential equation dx V1-x

=0

2

@.}. l_—'}’;zo
dx l—x
dx V1-x?

5 dp _ dx
\/l—y2 \/1-}:3

Integrating both sides, we get:

=sin” y=—sin" x+C

=sin” x+sin” y=C
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Question 7:

2
d_y+y ~i-y+l_0

Show that the general solution of the differential equation dx x*+x+1  is given by

(x+y+1)=A(1-x=y=2x9) where A is parameter.

ﬂ+)f;+y+l=0
de " x+x¥l
d ¥
A | ¥yl
dx x+x+1
dy _ dx
y 4+ y+1 x +x+1

Integrating both sides, we get:

J- dy __J~ dx
V4 y+1 x* +x+1
:>J' ay =_j' dx
3 2 2
( 1)2 V3 ( 1Y (V3
v+ — | +| — Eh— | W2
T2 2 2 2
}+1 x+1
2 1 2 2 i 2
= —tan =——1lan +C
J3 N V3 V3
2 2
:m]‘zyﬂ winget| 221 _\BC
VA NG 2
| 2y+l 2x+]
= tan™ V3 V3 :\/37(;‘
0 (2y+1) (2x+1) 2
V3B
2x+2y+2
= tan™' V3 =\/§C
. (4xy+2x+2y+1) 2
- 3
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2x+2y+2

= \E ztan(%J

dxy+2x+2y+1
-\ Y
3

2x+2y+2

= V3 =C, [where, b =tan[f£ﬂ
2

3—(4xy+2x+2y+1)

i 3
J3(2x+2y+2)

3-(4xp+2x+2y+1)

=203 (x+y+1)=C,(3-4xy-2x-2y-1)
=23 (x+y+1)=C,(2-4xy-2x-2y)
:>2\@(x+y+l)=('..’lx2(1-2.xjv~x-y)
:>x/§(x+y+l]:(71(l—x—y—2xy)

1

:>(x+y+l)=%(l—x—y—2xy)

=(x+y+1)=4(1-x—y-2xp) [whereA:C'}

pa)

Question 8:
(i

Find the equation of the curve passing through the point ( : 4J whose differential equation is
sin xcos ydx +cos xsin ydy =0

sin x cos ydx +cos xsin ydy =0
sin x cos ydx +cos xsin ydy
COS X COS -
= tan xdx + tan ydy =0

0

= log(sec x)+ Iog(sec y) =logC
= log(secx.sec y)=logC

=secx.secy=C

T
The curve passes through the point [ 3 4)
Therefore,
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:>1x\/§=C
=C=2
secx.secyzﬁ

—> sec.Xx. 1 =2
cosy

SCCX

V2

=cosy=

Question 9:

2x 2 i -
Find the particular solution of the differential equation (1+e* )dy+(1+y )e dx=0

v=1when x=0.

, given that

(] +ez")a’y+(l +y? )e"dx =)

x

dy+ e

=0
14+y®  1+&*

Integrating both sides, we get:

:tan“y+jledx =4 (1)

>
+e*

Let e =t =™ =¢*

a g dt
2()-2
dt
dx
= e'dx = dt

o

Substituting this value in equation (1) , we get:
dr

&

=>tan~ y+tan ' t=C

tan "' y+J

= tan ' y+tan' (e”) =0

When x=0; y=1

Hence,
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tan'l1+tan'1=C
LA,

4 4
=0 as
2

tan”' y + tan™' (e’" ) =

(SR

Thus,

Question 10:

ye” dx ={xe; +° Ja’y (y#0)
Solve the differential equation .

ye;dx = [xe-‘_’ 4 yz}{y

Differentiating it with respect to y, we get:

af) e«
dy dy

fd[x] dz
= —|=|=—
dy\y) dy
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Integrating both sides, we get
= Z= yp+l

:>e; =y+C

Question 11:

Find a particular solution of the differential equation (x—y)(dr+dy)=(dx—dy) , given that
y=-1 when x=0. (Hint: put Xx—y=1)

(x—y)((,ix+ a'y) = (dx—dy)
= (x—y+l)dy :(] —x+y)dx

@_]—x+y
dx x=-y+i
Ly _1-(x-y) (1)
dx 1+(x-y)
Let X— Y=t ...(2)
:‘>i(x—v)=£
dx dx
Y _dt
dx dx
A (3)
dx  dx
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_dt (1+2)—(1-1)

dx 1+1¢
dt 2t

= — =
de 1+t

::v(lijdt=2d¥
t

1
:>(I+;]dr = 2dx

Integrating both sides, we get:
— £+10g‘!‘ =2x+C
= (x—y)+log‘x—y‘ =2x+C

= loglx—y|=x+y+C

When x=0; y=-1
logl=0-1+C
= C =1
loglx—y|=x+y+1

Question 12:

e Jx

_ X
Solve the differential equation |: Vx ‘E}

A _ Ty
de  x Jx
d_}’ y e~7-uE

AL =
e Vx  Jx

%:1(“&0)

This equation is a linear differential equation of the form
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1 —24/x

Sy py= P=— 0
dx ik where Jx and Jx

[ P | i 25

Now, [.F.=¢' =¥ =e

The general solution of the given differential equation is given by,
y(LF.)=[(@xL.F.)dx+C

Jx € 2 24/x
= peF = j[ xe +C
Vx }k

- 1
= yez"q :I—dxi-C

Jx

:>ye3"!; =2Jx+C

Question 13:

dy
. . . . ) . —+ycotx=4xcosecx(x =0
Find a particular solution of the differential equation dx 2 ( )

y=r
¥=0 when 2

, given that

dy
—+ ycotx = 4xcosecx
dx

This equation is a linear differential equation of the form
dy

Zypy=

a7 g where P =cotx and @ = 4xcosecx

Now, [.F.= PO D] o

The general solution of the given differential equation is given by,
y(LF)= [(Qx I1.F.)dx+C

= ysinx = I(4xcosecx.sin x)dx+C

:>ysinx=4jxdx+(7

:>ysinx=4.-x—+C

= ysinx=2x*+C
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T

When © 277

Therefore,

-

—~0=2x"_+C
4

2

=C=-2_
2
2
) 5 T
ysinx =2x" ——
Thus, - 2

Question 14:

Find a particular solution of the differential equation

x=0.

dy g
1) —=2¢" -1
(x+ )dr e

dy dx
:> —
2¢' -1 x+1
_, edy _ dx

2—-¢" x+1

Integrating both sides, we get:

e'dy
le_ey =log|x+1|+logC (1)
Let 2—¢" =¢
=L (-)=2%

dy dy

o = At

dy

= —e’dy =dt

Substituting this value in equation (1), we get:
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= J._Tdt = log]x+1‘+log(‘

= —loglt| = Iog[C(x+ l)‘
=% —log‘z —e"’| = Iog!C(x+ I)|

When x=0; y=0

Therefore,
:>2—1:i
C
=C=1
Hence,
1
2-¢’ =
x+1
=g L
x+1
L 2x+2-1
=S el =
x+1
L 2x+1
=
x+1
1
:>y:]0g2x+‘ (x=-1)
x+1

Question 15:

The population of a village increases continuously at the rate proportional to the number of its
inhabitants present at any time. If the population of the village was 20,000 in 1999 and 25,000
in the year 2004, what will be the population of the village in 2009?

Let the population at any instant (£) be» .
It is given that the rate of increase of population is proportional to the number of inhabitants at
any instant.
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logy=kt+C

In 1999, =0 and ¥ = 20000
log 20000 = C

In 2004, t=5 and ¥ =25000
log25000=k.5+C

= log 25000 = 5k + log 20000
=5k = log[MJ = log[ij
20000 4
1 5
=k =—log| —
5 °g(4]
In 2009, ¢ =10 years

logy=10x élog(%] +1log(20000)

2
= logy= Iog[20000x[%} ]

= T 20000><§><E
4 4

= y=31250

Therefore, population of village in 2009 is 31250.

Question 16:

ydx — xdy _0
The general solution of the differential equation y is

(A) xw=C (B) x=Cy’ (C) ¥y=Cx (D) y=Cx’
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ydx — xdy -0

¥y
o VO, 5

xy

1 1
= —dv——dy=0

X ¥
log|x|—log|y|=logk

X

= log|—|=logk

= p=0y (where, Ci= %]

Thus, the correct option is C.

Question 17:

dx
—+RBx=0,
The general solution of a differential equation of the type dy | s

dx
—+Px=0, ;
LF. for dv ' "is ejﬁd'

x(1.F)= (J'QI x I.F.)dy +C
x.e'[ﬂ‘# = I(Q.ejp'd'l ]dy +C
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Thus, the correct option is C.

Question 18:

The general solution of the differential equation € dy +(ye’ +2x)dx =0 ig

(A) xe' +x* =C (B) xe" + ¥»={
(C) ye' +x' =C (D) ye¥ +x*=C

e'dy+ (ye"' + 2x)dx =0

=:>e’d—y+ye" +2x=0
i
d _
=2 y=-2xe"
dx

This is a linear differential equation of the form

dy
& py= N
e Qwhere,P=1and Q=-2xe”

Now,

LF.=d™ =% _ o
y(LF)=[(Ox LF)de+C
= ye' = J(—er ‘e )dx+C
= ye* =—[2xdx+C

= ye* =—x*+C

= ye' +x* =C

Thus, the correct option is C.
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